



































































































































Corollary A meromorphic function on

a compact Thiemannsurface has the
sunn number of genies as poles counted

up to multiplicity
Proof Ameromorphicfunction on Risa leal

function F R Qu
We leave Sfo f in such a case

If fi R S is aampbetweencompact
thourainw

aurfacestheir

Definition we call de Seed thedegreeof
f Note deal We saw beforethat a

non constant bd map is surjective This
is a refinementof that






































































































































Corollary A bulomorphicmap between
compact Reimann surfaces of degree1
is a conformal equivalence

Cor If a www functional but youroforder1 then
R is confounally equivalent to 5

Proof If de I tteen everypoint has 1
unwise image and non zeroderivative fo f in invertible

Inverse in holomorphic by the inverse
functiontheorem






































































































































Comments on Euler drearadtriatic

Recall the Eulercharacteristic of a surfaceR

If f v e t f XD dearHo ducAitdunHz

reffing QE EEE a t

g o g I g 2 g 3

Sauks Bouvet 2TXLR Jparvatoredud
Cor If R is acompactNieuwsurfacewith a metric of
constant curvature then the curvature ispositive if
ltreamfuce is a sphere 0 if thesurfaceis a torus and
negativeif thesurface bae higher genus
Rewards Whatabout annuli

Comment In thefollowing proof we use the
existenceof triangulation of surfacesThese de exist but we are not proving that
they exit






































































































































Reimann Hurwitz Theorem ft F R S

be a non constant holomorphicmap
between compact Riemannsurfaces Then

c NR d XCs Hips 1
pe R
Vfcp I
Signisdetermined

Proof There are onlyfinitelymanypoints
p e R with ftp.l

Construct a triangulation of S where the
set of vertices q go continue theundert

imagesofpi pj Awayfrom the inverse
imagesof the q's the map is a coveringmap
of degreed so each openedge lifts to d
openedges in R






































































































































EE Can use the load
modelof themap
to show that

R Ea Ps3 we can extend the

tf lifteqfoqzpa.e.tn to
o CoD S Ea 9h3

If freight o then

figure Ct O

Eachtriangledowristavisibfts tend topological
trianglesupstairs since triangles are simply
connected

EE

EEE






































































































































The Elercharacteristie can be calculated
as the alternating sum of s ofsimplexes
in a triangulation

If VCs e t fG

XLR VCR eCR t fCR

how ECR D EG and ffs d ffR

XLR d VAD d VCs

y
witetheaumin

EEgttd dzggtenfofniageoof
I actuating

ftp.i 2qusf f G d To cardinality
a a here

q 9 En gutwith
f Eas

F'G ftp.g multiplicity

Nowrecadthat
hips d ftpII pFcpfI

p fcpt q thisquantity
banishedat

Zeus HPD reguloepts
Oulgafinite
ofuou

reg.plia.peTcryltVf4Dfuiiteamf4pO






































































































































hate that points 2 traps
puiltref wake PER
iurcoutribution

Cor If f p Siebel and nonaouoluntlten

gcsEgCR

Prof It is usefulhere torearite
the Riemann Homily equation in terms

of the germs

1 g Xz f EH z 2g dG 2gGD IVER l

5 It
zgcpj z dcz.gs 2 EHR I

ta 30

If 5 5ttentheassertuinia true

If st5then 2967220 so

2gCR 2zdGgG 2 22GB 2

gadegG






































































































































HR d Ks Veep t
PER
Vfcp I
signisdetermined

claim XML Ks Aaaenne XD XDco

HR a d Ms If XD 2 turn KR c 2

If Ms o then to

If fiR R f not court xDco ther da

HD DID so

XDEdits




